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Chapter %,

Joveseigating  Fewmae’s  Lase  Theotem =
h 5 { |

The _divisions.

We  continue, hete, the wozk of

the PZev[ous cfaapf_e‘c.Buf) how , we follow

@asicau?ﬂj a wmethod of sSuccessive ,dc'w'sf'ons),

as _we have afzeady wentioned (see end
03 Ch.3)§1_1.)_.___Heze aﬂso),as (n Ch-‘3_.)_._.éhe»

. : . ¢
\Mdfettdﬂ Ls P?esentec( (n ehu?eﬂj i._tcxw,,,,,

ﬁozm) w[f}'mué PZOOC}PS 0T o SFQCKGL,Q, d/Q—

Q,g’(aic no,faf[oy, ( we a'\/OL'O( eveén H’)é
traditionad votation and terminofoa

of fhe 'humé’et t‘heozj),\/\/e 36'\/6 Olf‘cecu'ong.

,goz eru‘(ﬁﬂet {I'm‘nm‘ng omJ, not comPJ?efe

?eSuﬁfS.

ﬁ;.Cﬁ.m_ggfiigi,ﬂ;'fy _and__incompatibiliny _of the

— ——

decimal ot’ fractionad pates afier suc-

- o e s o —— i e ettt e R

cessive divisions.

Let us take FL,TH. gfoz exPonent
3- The QCfMa(‘L’oh LS

Kry=2 | (1)
Each one of the *,Y 2 May e even o1

odc{)(-e,) X=X 0t X=2X¥~7  and so on.
’Tbmsj Eﬁ,(’l) \maj de w-zc'ffeh) aCCO?o([nj

to {he watuze “of %Y dnd R, tm  the

goﬂﬂowmg etght ways



. : : |
o~ . — o . N e e Pt Bt
@ TN Ty T T SR £ £y £

| .
'
i ! |
L~ . — . e, o . - _
; : f PR R LA

F‘com {he ?emm'm’nﬁ cases =
‘ol(hg the ¢wo Pcﬂés Oéf the Eqmahoh, éj 2 J
s zeduced ¢o Ea(.(") wi th 'x")j'} 2 Ingtead
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case () ("zx’)3+(zj’Jg:(2 2)’ , (2a)
case (b): (P ryP=00-1) | x (24)
case(): (P+ly= (1) x (2¢)

case (d): ("Zx’)3+(’19’*7)3:(12’-7)3) . - d)
case (o) (g =(0e) - (2e)
:case (3): (2x'~1)3+ (Zj’)'g': (22'—1)3J | (_2-3‘3)
case (9): (=14 (2y-1)= (227)7 (29)
case ()i (2x-1)'+ (23’—1)3:(13’-1)3, X (2h)

Sin(e d\f)ﬂ Powez oj av)y eveéwn c.hté’gef s

aﬂS‘O even C(\r)of ahj powet oj av od d
(nteqer (s also odd | the matked with
X cases Us)) (c)l(e) ctv)d' (l')) dze, eve -
dentﬂ%) L'mposyigﬂe. mdeed ) for {hese  cases
(e s

lse (L) ! (evgh) -+ /even) ':]i(oc‘J )J
case (C) : (’even)+(ad'ol) :f:(even))

case (e):  (odd)+(even)+ (even),
case (h): (odd) +(edd ) #F (odd ) .

case () [dive
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¥ X,jjz._ﬂveh) accordin to the evey

o7 odd natuze cﬂf X“()j' an d ?’) this cose
(s 2eJutcec1) (n the same way , to  one of
cases (a)-(h) o chg.(Q) ,ijﬁ the so-zedu-
Cecl cose L'g ohe o} (A)"’U)) aj 575(244)
— (2%)) thenw the e'n{fc'q//j ~ taKen case
(2) s zeduced to the Zevna{m'ng cases

(b) - Ch) s But } ¢he so-zeduced case

L5 (dgdfh) case () we can tepeat. the
;whoﬂe PZocecJuze go(ng to . Eﬁ'.(’f) anJ
,‘f\ﬂe\r) to one of E&{j_ (2). Ft‘na.fﬂj , ofter

Some 'zepeh'u'ong of the PZocec/u’(e) the

iila £l — taueéen case (2) (s 7zeduced to
one of " the Temaining cases (b)-h),
since b s (mposscl%  to divide  the

two pazts of E&].'(29,) byj '.13 L."thlhé't‘&ﬂj

W)Olhj times foliuﬂj Olﬂ\r\/ajj as e w
%()‘jr) 2’ even (nteqezs.

T”)Mj') Stn (e cdases (bj)(CJ} (e) ahcf

(h)  aze L'mpossc'(ffe and case (a) (s Z?z'haf»

ﬂj 2educed to +{he othet cases J o< pro-
vt'ng . L. Th. ({foz e xponent 3 )t s
enough to prove that the zemaindn
cases (d) ) (ae)) (g) ate ("m{oojjc'éyfe . Case;
(d))(f) oze P?acfc(‘oil}jj S e { an Cven
ano‘ AN oJa( (ntege'( | irnn the fc"(j'{- Pa?(-

Of the ec]watt'on) and an odd c'htege‘t (n

the Secondj‘fo} Joz P'zavc_'_pw_g F.L.Th.,

(502 eXPonent 3)% (et LS Q,Y)‘__c_gt_/_f__}') to P?ove,

that cases (d),(q) aze (mposscble.
That wmeans the on,(?j cases (n which
we are wnitezested adze oj) the {'jpe
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(even) +(odd) # (0dd)] (32)
[ cases (d) o1 (§)] o
' (odd)V+(0dd )4 ven) (34)

.Lcotse (g)] . . N
o Foz . SL‘MPPL.C(..fj 3 the afove Teas50~
.m'v;g_._._fo_as__ _geeﬁn (ven ZJor F.L.Th. with

expovmenﬁ 3 f:vtdehl:jj, exacéﬂcj éﬁ,e S m @

Zeasening . (and "Cesqfés) ts valid 5 djSQ,)
ot the? genezal case of F.L.Th., wi.t,
exponent “n

Let us take ) (n Ec{.U)) X, 9,2

76(5 gvjﬁows
X = 2 %X, , (LF&)
4= 191-1 | (4b)
2= 22,-1 3 (Hc)

-Lv,e.) We  telkp case (d) o ch.('lc().—ﬂjeh)
Eq.(ﬂ) (S Wzieten

(%4 )3+(‘l‘j1~7)% =(22, —-7)3, (5)

.i).L'VL.C(rl'V)j eacl) chzt oc‘f Eé{(f) 67 23 we

o@fozm
3 3 3 '
X’q‘l’(‘j-f‘%) =(2.,-3) . (6)

' Eq-(6) we have xq=1,2,. and yy=1,2,...
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and 2.212,-- hence
Xy =1,2,- - - , (7a)
(yi-7)=0.5,1525 - (25)
(21.-.{);0.5)7.5‘)2.5)--- _ ()
Foz Simpﬂ(cc'fjwe pu ¢
Azx, , B=(yi-3)  CzG-3).  (8)

, I Table 1 we 5})0\/\/, the deci-
_maf pazis (c(r)) ,af 83 ot Cg. We c¢an

M The cfecc'motj Pa?fs (.:(P) of Bg‘

g, B |d.p of B> [l9|B |d.p of B I
110.5] .125 8 %5 | .8%5 /"
L s | L3 9185 | .125 |
3125 . 625 10/9.5 | L3#5 |
w1350 .85 105 ] L623 -=
5lws| 125 121.5 | .8%5

b [5.5] L3353 ns) LS |
g b.5 625 1

see that the basic pactern (5,125,375,
625 8715 oz 820,517.5’}1,5'}3‘5 zespe~
cu'veﬁj.'This pattezn (s ?epeafec/ dgm’h ond
agdl'h. F‘(th Tcxé’le 7 we see U)at ¢ l‘i’)
Eq.(é)) which ea(uu'vafehtﬂj can fe wilt-
ten
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A8 =C (9)

we have os B one oj)e.g.) 0.5 o7 #.5 or 8.5
o1 12.5 awnd o on , the onﬁj Compafe'gﬁe
( with zespect ¢o decimal patts Sihce A

(s dan (nieqer ) chodce Joz C (s to

Be C also® one 030 O.j"/ ‘-F.f) 3.5; 72.5
Aa\qoj so ,Oh-,Oh,ﬂ H?EV) H’)Q'Ze,,,,('s, a POSSCA-
‘gl‘ptwfj Eal(é) ]:o‘z Eq(?)_? to €&e {rue,
since (65 two pazés ave campaa‘&ée. [
Table D we present fhe compa ¢ éle
LI’)o[CES 300‘2 gahd C. S‘L’nc:e A L‘S dahn zln— .

_’Tagﬂe 1. 15 B gefongj to one Tow, the ohﬂj
.compafc‘gfe (weéh tespect ¢o decimal

,Pa?ﬁ) choice fozr C Epezmbuz'hg Eop(@)
to e (zue ] (s to Be C (n the same zow

0.5 4.5 g.5 1.5 165 Q0.5 -
1.5 55 9.5 135 1nE 1.5 -
2.5 6.5 105 4.5 185 QL5
.5 .5 115 155 19.5 0 23.5

A{Ggel’) B c:(nof C Moyt ée (N {He Sam e Tohw,
- Let us ze Peal‘ the same peo-
cedure once aqain  dand divide the two

paTts o Ec].(9) 5j ZB.TBQ\@) we shodd

ave
(AY+(BV= (&) (10)
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0T ) Pu{ézhj

A'=ZAIT, BzB/1, C'=c/1 (11)

J )
ec’u[vajeﬂtfj
AP +pt = ¢, (12)
o W)Lt (s
CAAL=%[1 2050 150 05 (3a)

ol e 1 v/, _ . | ”
B=B/1=(91-7)/2=0.25,0.35, 1.25,1.35 225,235, - | (13h)
C'= /2= (2 7)122025,035,1.25,1.35, 225 .35 .., (13c)

,ln Taéj?e 3) a5 (‘V)'Tagfe /1) we Slljow B’ (o‘(_
_C—IJ and flr)e dectma,@ aTts 0§ U)E colteaes~

PO"")C‘l-'f')g B3 ( ot C'B). As we see numbers B’

.Ig\ﬂg__i B'(Q-z C’) dm! the Jec[maf PcﬂtS OJQ
the CO'z‘(esPond{ng B'? (ot c'?),

|
o.zs’.o-wézs

o.;s;’ﬁl?é’-}f
1.257,953125
1.75.35937%

105390615 | 4,25 |, 1esi2s]) 625 jwosas|| 9.5 | 515625
9.75',;%835‘\!5 e B 131838, 6.751546975]] 8.951,921825
3.25,308925 || 5.25].F03125|| 7.25.098725| 9.25[ 453125
3.'45‘,-}343?5"] 5.75(,109375 ?.?5’,%343?5 2.351.859335

L

10.251.890625 || 12.25 [L165625 || .25 |,6k0625 || 16.25 |.015625 || < -
10.151.0968 75 1235671835 1#.35[,046875(] 16.75 1421835 || -+ -
NS85 || 13205203108 || 15.25],529125]] 19.25/953125

17,;51,134315! 13.35],609335)  15.75,98%335 || 12.25(.35931%) o - -
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Table 4. Whew A" 5 an inte ¢t ) the two pazts

0§ Eq.(’l’).) have compaﬂgﬂe decimal pates

onl?u) i;’\rj BI ahd C’ ge,‘?ohg to {")({ solme  Tow.

towé , B " and C’

105 16,05 3225 4935 625 8085 9605 11125 .- -
1 12,25 19.25 35 50.25 6625 8225 98.25 41425 -
3 RS 2025 3625 5205 6825 W25 10025 11625 - - -
h N6 22.25 38,25 FWO5 1035 $6.25 4005 11325 -
S5 1825 a5 %025 5625 a5 9905 1045 12045 -«
b ||10.25 2605 135 5§25 1425 9045 106.25 12225 . - -
OIS 2905 B 605 g5 9235 109.25 1425 e -
§ |15 3025 %625 6225 9825 9425 11025 12615 - ¢ -

9 llods 1635 3135 LIS 6wI5 095 96 1135 - - -

A0 {5 1835 WIS 5035 6635 935 9995 Mua5 4 -

1 %35 W35 33T 5L 6B SIS foods s e
12 11635 2035 3835 SHRHW O 0. §ers 10295 11835 . . .
B 835 w35 Ho35 56 1035 8895 fow s 12035 - - -
11035 635 WIS 5835 1h35 9035 fobds 135 ...
15 111,35 2935 LRI 60.35  76.3% 9.3y 10835 11435 - -
16 Jvms‘ 3.3 4635 6235 1935 9w 190,75 11635 -

ate Sepazafeol tnto Fout cLasses | c.e. 0.2542K
0.35+2% | 125 42, 13542 for K=0,72,--+, Each
one of these cfassej)as we See «n lafle
3) has  the c@zzefPoha{mj de cirmea d pazes
,zepedfed after 14::5’J Ce. adcex 76.25)76.?15‘)
'7?.25“j snd 1275 ?eSPecfc‘veﬂj)‘(hdeed) foz 76.251,
16.75,72.05 13,15 the decimad pates are 015625
SHUIEI5, L 953725, 359375 exactly o5 (n 0.2F

0.35,1.25, 1.3 . In every cass €9 0A5+2K,
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B9 (135 1335 3335 W95 6535 gurs 9175 1335

34
TOL@‘?.QAH',L

TOW| Bl CJLV}o( C,

13 1125 1225 3305 4925 6525 9125 9125 11305

A8 {1335 1905 3525 51a5 6325 §325 0 9925 11505 - -
19 153 1125 3325 53 6925 525 10125 1M3a5 v -
20 (R 1335 39.25 5525 15 8115 40325 11905 . . .
A [19.95 55 WS 5725 #3285 §9.25 10545 12105« -
AT (125 B3 BAs 595 1525 9125 10725 42325 - -
A (|13.25 29 b5s 6125 935 93.95  109.25 12525 -

Sk 11505 Mg HRS 6325 7925 9545 M5 11925 0 o .

-
-

26 |35 1935 3535 5135 6LIS 8335 9915 1155 - -
2 U055 135 33350 5335 6935 §5.35 o135 114,35
2 1735 2395 3935 5B 3195 8335 103.75 11935 e o
9 llo.wr  253% W35 5135 1395 §9.75  105.35 1134

30 11135 23,35 W3PS 5935 I5M 91,35 ond5 AL ¢ v
301335 935 W35 6135 3395 9335 1oo.xs 155 - v
3L Y1535 3135 W335 6335 3935 95.75 11135 N3y 4

3)

U)e ‘lséeP @efween the Jec(mal) Pa?ts) that
Co't‘zespona( to successeve hut m 6o s 05 the
speciiic cﬂassj s alweays  0.375 {02 exam-
Pi'@ei got OrZG‘j?..Zﬁ“) 425_) the Co'?f(t‘,’sponc{r'hj
de cimal pawts  aze .015'6’25‘) they .015625%
+0.375 = 2390615 | then .390625+0.335 =

= .'?65'615—)~» And so °on 3 slm(ﬂqzﬂj) fo
,O»?S—) 2-'?5') 4«?5') « - the Conejpona[m decc-
mal pates are HU1FIS LFI6935 11875

w i th “s‘tepﬂ also O.375 , and the same
‘§{e[>j) theze (s 50‘3 the othet cﬂasses too.



R AR S o N N PN ST W

e s

quﬁe_ﬂi@ﬁ:\/\/ben /-\,3 kas cfec.c'maJ? atlt 4'725‘)
the two pazts of Eq-012) have compat6le

decimald pates ov)ﬂj $ B and C 5eﬁong

to  the Same Tow,

16 |35 3035 e 6735 - - L35 035 363 5135

:
oW B C, ,
0.25 16,25 3LY 4.8 - - - [6.25 2119 8.8 545 - ..
.25 185 wAs S ... [R5 M5 ko5 5625 ve
L2y 025 3% 5205 - 10,75 65 WS §gas c-e
6.25 2105 3825 SHAS - 11025 2845 AT 6025 < e-

{1825 w25 Ko 565 s Myas 30,95 WbAF L BLAS - - .
10.25 265 H1. 53250 [0.25 16.25 3025 48 e - .
125 2805 NS 602544125 185 WS 5025 - -
1425 0 30.95 4625 6225 . -+ [WIF 90,95 3615 515 4 - .

9 lloas 16.35 s 4gar o635 2035 3995 Su95 - -

10 .35 1895 w5 Soas - .- (935 35 Yo15 56314 - -

1 lwas 20.75 3635 52 - 11035 2635 WIL9F O B8R4 i e e
AU {]635 2235 3335 Suas. o 10 0835 UhAF 6075 ¢4

131935 235 wo.s 5eas <. |5 3095 U635 pLAE ¢
4 11095 2635 s 5835 10 6.5 33 Ugrs ¢ oo
15 1112395 183 udas 6035 (13 Q.35 3HIT 505 . e -

-

TQ\(U/\ (N to AcCCoumnt fl'JQ VdﬁHES

n EC{S-(H) §o A;B;C’ and also the de~-

¢ 3

cimal P o ts 0of powets A'g) B’g) C as  pre-
Semted (v Tables 1 and 3, we can see
‘U)at) foz the vawious cholces of A') the
cmﬂﬂ Compattgﬂe CWL'{H Tespect to decimal
,ch‘cts) C%oa'ces 200‘1 Br aAnd C’ ale as.

P?eSEYH;EJ (n Tagpes Lf and 5 dhol} mole
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316
Jagle 53,
~ /
Tow, A ‘ C
TF 125 1825 3325 4925 - . 725 1325 39.95 5505 . - e
16 11325 1925 3535 5125 - - ¢ [945 2595 425 §3a5

19 1525 1125 3125 53065 ¢ ¢ M5 135 W35 5925 . ..
20 1705 235 39 55 oo« M35 9195 LSy blas v - o
U198 2505 WS 57205 - -« 15285 3125 HRE 3.5 .o

_9-1 14'25. 2?-25‘,“‘3'25 59-?-5‘ ¢ 1-25 1?.25‘ 33"2«5 ”915' o

13 [|13.85 9.5 W59 615 -0 o 325 195 3525 S1aS v
M5 My Y225 635 ¢ ¢ v 455 M 3325 535 - -

Uy .35 1235 333 O35 ¢ -« (235 23T 3935 5TR - . .
W 11335 1995 3535 S1AF - -« |93 0535 W3F 53 L ..
1535 0 3R 53,35 - - - (135 2335 ML B9ty .
8 |35 B35 193 S . .. (1335 2935 HSa5 b1 . ..
W 11935 W w o 5RI5 . .. {535 3L HRW O L3 . ..
30 {1135 3 4335 593y - e o L35 13235 33035 WO .
1335 WA B 6135 - - 3.3 1935 353 5135 . -
30 |15 313 4R 6397 535 .35 333 533y -

Compacffj, in Table 6. On Qj Fov those
choices 0¥ AI)B’)C’ the two Pazts of Eq,(ﬂ)
have Compqt‘c’gpe dec(mw,‘? pPazs. Spec(a{)(caﬁ—
Qﬁ) wher A’ (5 awn c'"nte/ er [ see ch.(”&)j
then B/ dY)J Cr ace Com‘(naf(,gi?e, oM ‘pﬂ w})eh
%Hej ge,@ong to the same zow of Talle L.
Frow the “zest choices of A" [ see ch.U?a)J)
o1 which {He1 de ccmal pazts of {he cot-
‘Z@;Pohda'ng A’ aze Sl’).owr) (v Table 7)
the on f?j Com[)aéc'gfe choices aeoz B" and
C’ (as leJuceJ ;f?orn Ta(??e 3) ATe U)oje
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_Mfe SL,WBQH Als hass diec,c‘mo(ﬂ patt -3775_)
( the two pates o f ch,(ﬂ) have CamPau‘gﬁg de -
- Cc'maﬁ Pa?ts om()j LJ, B, aho( C, €e,<70n?

¢ to the same  Tow.

& 1 /

¢ zow B C

. 1 lloas 1625 3225 g5 .- o 205 1§25 345 5005 - .

¢ L ojl2as 1925 3w 5025 - - - RIS 9045 36,25 518 v ..
e 3 iy 2005 3as S - ¢ 165 2945 3825 SMaE .. -
e MO vy 3gas SH - - - 1825 WIS K0S 56a5 |
@5 8 a5 woas spas - - {03 225 MY SRAS < - .
¢ b |boar 2625 Wag 5325 . - - |05 2895 uHAF 605 .
\ Fooleas 1945 wwas 6025 - - - WIS 3045 65 6225 - v -
¢ §oimas 3005 ubay 6225 ¢ - - 1025 165 3005 ks

' _ _ '

@ 9 035 165 3035 MBS - - - [2.35 18.35 3435 5035

( 10 las 1995 3435 So25 ¢ ¢« 435 2075 3635 5095 .. -
4--' VLA 0.3 36 B35 < e . |65 22075 3875 SHE - e e
L_ 1L He s 05 33 SH5 . - - [§5 0 QWIS Hods 5695 .. -
(. VUM WIS koas 5635 - - - {035 9635 KL b3as

o M0 2635 w35 583 - - - M1 29 Lyas oS .. -
15 (1035 2935 W35 605 - - - [W35 Jo%5 K635 (LIS - -

{. 1o (35 3035 beas €035 . - - |03 b5 3295 MRS - - -
( EER———

ﬁot W)’)t(,'l’) BIC’U’)A C., g@ﬂon te {he same

{ Tow OJ Ta@Pes (5&))(5}3)j(5-<_)}(b-d) W})en
{ .‘U’)Q_ cle cimma ? Pa?é of A’3 (s .'125} ,3"}5}
€ » 625,875 zegpecfc'veﬂj . The content of

c Tables H 5 s tepeated Compac eﬁj Oh
e Tabdle 6.
- T!’)e ga,SCC iciea L)e‘ze (s that

& .PG_T}O?W)LY\g syccesscve dt"\/('j'n'onj gj 2 oi

% ‘d:
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Jalle 5k,
Zowl‘i BI C"
1% ;|ms 1725 3328 4925 - - - 5 495 3525 5125
19 1305 1925 3525 5145 - .- [Sa5 a5 Pas  Spay - -
19 5% Vs 15 5% - - - [R5 3 3925 5595 - - -
20 11725 325 395 555 .. - [9.55 2515 LIS S7as

M9 Yas Was 53as - - - 18 2325 W3985 5925 o -

AL M5 2325 11335 5315 - - - 1325 9928 LEas b1as - e -
3B VY us b5 - - 0 WS 3125 43295 63.25 - . .
By 35 bRas 635 -« ¢ 1.5 1225 3305 U995 - - -

W5 1335 3335 H9T - - ¢ 1335 193F 35.3F S0 - - -
26 1395 19.75 3535 5095 - . - [5.75 2135 3295 535 . . -
W 55 135 3R75 0 5995 .« - - |75 93.25  39.72% 55,35 . .
8 {35 1375 3995 5535 - - . (935 9535 Wity 5RAE .. -

29 11935 2535 W35 5335 - - - 135 9295 w335 5995 - . .
JO(MA5 0335 W35 5935 - - 1335 Q935 453y 613V v . -
135 29%5 U535 6135 ¢ - - {1535 3385 WS 65 .-

3L 1595 a5 R B35 ¢ - ¢ [135 1335 3345 Lo . -

%,9,% (n E .(4)) i‘)es‘o-’)zoduce& Ioéw

.t'zip.fes X4, (Wi’)r'c;!') A€ WNot hec.effa‘('/j

integezs dhg mo?e))lﬁ ctder to Zetain

Lﬂttj of  the iwo pecees of  {he

the ComPati

Mewﬁj-P"zac{uced eciqaec'onj (1) with espect

to deamaﬂ Pa'c’fS) dte geét(hg (eac}a one
cc 2)

.og j dnc( Z) mozZe ahJ mmoze S'PQTSQ' oY
.éL)e )Zme o} zead viavm€exs. fﬁ L (3055@6’/&8)
AN f‘n"g way to prove that fo”t No ﬁ and
2 the twe pazes of Fq.(1) aze compa-

eiblo 7 |g (e pessc€le  to gehe?qﬂz‘ze such
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_GWJ

Lo A

,Ia@ﬂe 5c, When /-\’3

the two pazes

PES

has (jé?cc'maﬂ pat .625‘)

OJY Eq(?i) L)avg

Compafléﬂe de -

C[mg\ﬂ Paz €s Onﬂj c’j B, Olh()( CI geﬂc)ng

to the Soame zow.

ow, B> c

1 jos 1625 a5 45 - - - lmas 3005 bbas 6225 - -
S0 s W wy Seas - - - [pas 125 315 bRas - - -
3 WA 2005 3625 5225 - - - 0.5 9.5 3M5 5025 . ¢ -
Holjed 205 388 5425 - - - |85 2025 3625 5205 - e
S |18 A Boas 565 - - r [6.28 2235 3805 5425 ¢« .
b oy wsas  wmas spas £.25 .25 405 565 . - -
F Y a5 s boas - - - a5 1845 MAF sgas . o o
& | 3005 Weas 6225 . .- M2a5 295 HHAE b0 - .
D lloas 635 305 wgas - -+ fwas sy 46T s

10 Ina3s 1935 3w 5035 . -~ |05 1635 3075 499§

M Hras 20635 3075 5235 2 1935 345 5035 ..
AL 1615 203 393 5u25 L - - B35 203 3635 85275

13 1995 w5 heds 565 b3S 1035 3% 5HAT .
M o3y 2635 wids  §gis 935 wrE 4095 5475 o -
15 |25 2835 ub3s 6035 10.35  26.3 W3¢ 58735 -
16 |fas 3095 | #6518 N5 9I5 4HIS o35 - - -

o Pl_oo(’f 5’0"( FLTI'\
| V\/tsk(ng {0
ge of what Ot'hg

. -
wi th exponent n T
ha\/e a Cﬂeaze'z_ t‘ma-
on when these suc-

Cessive c‘t'vc‘jc'ohg aTe PezfotMec( j')o‘i [_:c{.('f))

o[-e Cc'mqﬁ ()qzés )

we g¢ée aﬂjau'r) Wlnaf we i’)OLVé clov)e_ so fa?
us(hg a je,g“(aic‘_ exp?€55c'oh5 and 57act(on5
L'hs‘teaol o taéﬂes w(é‘a nume"u'c‘q}z ?esuﬁts
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| ; '
0w B C
13 125 1395 3325 k9af 1625 15 WIS 638
18 %3-’25 Mas 3525 5105 127 1325 3325 49.%y
|
19 |55 21 3a5 5308 325 1995 3525 5195 |
0 llza5 92325 3905 S5as 525 a5 3325 5325 .-
211925 a5 M5 518 705 13.25 0 3995 §5a5 - -
U s a5 4305 5948 c 1925 15.05 kLey §RAR L ..
13 {11328 q9a5  BEas 6145 125 238 4325 5925 -
U 11528 3105 uRas 63as 13425 29%a5 Y4525 &5 .
25 11135 135 B 93y 15,75 3135 B33 6335 - - -
b {335 1935 Ay 5135 135 1395 3335 4935 .
S35 M 3135 5335 - 3.25 19.3% 3nPE 5145 L. .
23 1735 13.35 . 3935 5575 5.5 W35 317.9% 5335 - -
V|93 W LI 5RIT L. . 33 9335 393 55 . - -
30 (1135 .35 BLIC 5935 9,35 5.3 M3 F1rE - - -
37 |33 1995 4E3F 6135 1A vhIs KLAE O 5935 . ..
3L 535 3038 BRI 6304 13.35 1935 4535 bl - - -
] .
Hdv(na ) thhJ Eﬁ (é) we ﬂOOK
_ﬂf f%& 7uah£rﬁj j"') fo? = UQ;”"‘f
(s
(y-217 390 43y -5 (1)
Y4~7) 7 ‘j 2 7995
SO) can  see thut foi j-ﬂ 2)3)% the
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V'Tot_@ﬂe 5d. When AIB has cleca'hqotﬂ pact 815
the two et ts ol Eq.(?l) have compati8le
decc‘maﬂ Pa‘l ts Oh,@j c';f B’ omJ C’ @eﬂong

to {the same Tow.

BI | " C /

J

Tow
1 lleas 1635 3125 URIs - - - [025  2ea5 U125 5@ar - -
Lolkas 9 s 505 .- - (15 a5 WEAS  60as - - -
23 ||was 205 3625 523 - - - 135 3005 W635 6225 - -
b o1l6as 2045 3845 Swas - - - |05 1645 3295 Lgas ---
S ||5s was beas  S6as - - v 025 1895 34AS o5 . -
6 ilteas weas 3225 Sgas . - - (W25 2025 365 5045 - -
Fol[1as asas Bas goas - - - (635 2245 3995 542y -
F |teas 3035 Beas 6125 - - - |95 war K095 5645 . ..

9 |lo3s  ters 3035 4835 - - - 1045 W3S 4135 58I - -
1o lhas 1875 W35 5035 - - . 135 W bhar  6os
Mollas 235 3635 5235 - . - |Was 3035 Lers 6235
1011625 2035 3935 Swas - - - {035 1635 3995 4gds - - -
31183 ww3s  bors 563 .. (235 1935 Iy Sous . - .
W ol[leas w5 yurs sprs .- [was 0.5 36735 51.3%
15 s 9935 unds boss .- . |65 A5 38 SRa3s .-
16 |lwas 3035 weds 61 ... |9as W35  HoFs  Ser - -

ZQSE)Eth‘VeJ?j) COZ?QSPu‘nd.('h? to cffec"cﬁwncu(? ()a?t‘s

25, .375,.7625,.835 . The “same  pattetn o
.?epeated Jo j:b'jéj?jz? and j:ﬁﬁojﬂ,?&
oand . so on. We gcvi/e these 'tesozﬂés e Ta(?ﬂe.
7.

Totiu'hg (nto A Ccodnct qufe +

and the face ? that o Ec].(é) (¢ (s

X@:?IQJ,A dnJ j,,:ﬂl)»v v o 2»,2/1,‘.),/"' P
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Table 54.

: Low, B’ '

0 IF PS5 13 3325 49as - - - M1A5 2325 W35 §9.95 .- -

£ 1% 325 1925 3525 5125 - - 11325 1935 U52S 615 -

19415 1y 32y 53ay - (15U 3%2F 435 3.5 -

¢ 10 17125 23.25  39.25 555 - - 1125 1R85 33.25  49as -

¢ AV Pl s Mas 5RIE .-~ 325 1945 35050 5125
g JLAas 135 4305 5925 - - - |55 11l 3315 53 .
g A3 (135 2995 HE2S 4425 - - (35 2305 39a5 5505 ...

i 24 5y 35 43as 6325 - - - |95 5.5 My SRS ek .

¢ A5 1135 1935 3395 WIS - - ¢ {135 1395 WIS 5938 .-

16 26 |1335 1935 3535 Siap e 0 1335 2935 M5y 135 - -

¢ 23 |1525 135 3335 533% o« - - 1535 3035 ka3g 63.F5 - .-

@ 28 |75 B335 3995 5535 - - |135 0 TRRS 3335 W95 -~ -

{ 9 |19 1535 WM 5335 - - - 338 19 3535 5135 - -

(f. 30 {135 2335 WAT 5935 - - - (535 2035 3295 5395 - --

¢ 31 11335 2935 45T 6135 . - - |25 2335 3935 5535 -«

(o3t |sas yas Was 6395 - 0938 W5 WIS 5335 -

i

i lgg@wi Fra ctt'ahqf ahc{ Jec{mo(ﬂ Pq-a £ oj

& (4-3) Jor  y=12,- .

& Y roro3 ¥ 05 6 F 819

& Jvpateed) 4 35 3 1 3 5 ozl

o (4y-3V |'s '8 ‘g “sg'’s '§ '8 '8 |38

d. pate of ! |

e (y-1Y |25 335 L5 L8505 335 L 625 L 835) L125

(
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Tadles
cx

we gtlve

/

B

Cf

A= K+1

L&,p,A‘g =,000

A'=0.5+4 K
(dpA°)= 125

A{: 1.5+4K
(J.p,A'S):.Eo'?-.g

A'=2.5+ kK
(d.pA)=. 625

A=3. 544K
(J.P.A'.j):.i??f 7

0,25 +76 2%
AW A6

425416 A

6254716

9,25 +16)
10.25 416
17.5+16)
1425 +16)

035 +716)

.35+ 16
L35 +162
6.5 +16)
.35 +167
10.35 416
12.35+167)
14.35 4167

1.25 41760

3,25 +167)
535+ 167

725 +16 2
9.75 + 16
1.25 + 1679
1325 4167
15.25 + 16}

0.25 +16 H
25 416
h25 +16p
6.25 + 164
9.25 +16p
10.35 +16p
12.35 +16p
145 +164

0.3 +16p

135 + 16 p
435 +76p
635 +76p

8.15 +16p
1035 +16
.35+ 16 p
435 + 76}4

145 +76p
3.25 +716 ¢
5.25 +76/A
725 +1bp
%15 + 1y
1125+ Top
13.25 + Top

{1525 + 16

.25 +’16’x
8.5+ 16p
10.28 +16p
12.25 + 1o
415 + 164
0.5 + 16y
25 +T6p
H25 +16p

6.35 +T6p
g5 +16p
10.75 476 p
235 +16p
14,35 +T6 p
0.35 +76p
L 16
.35 +16 4

125 +16p
9.5 +16p
125 +16p
13.25 476
15.25 + 16p
125 + 164
3,15 +16p

S e P S NS g
; ; v ; : R

9285 4164

.25+ T6p
L35+ 1ep
6.25 + 16y
.25 +16 4
10.25 + 1o
12.25+ 16
1425 + 164
0.05 + 16

135 +16p

.75 476
6.35 +Top
g.35+T6p
10.#5 +16p
1235 +16p
.35+ 16
075 +1bp

35 +lbp
§.25 +1op
.25+ b
9.25 +1by
.25 416
1325 +16p
15.25 16 p

14,35 +76,4

.25 +16p
hog +16p
6,25 +76 4
8.25 +76p
10,25 +16p
1225 +16p

1435 +16p
0.35 +16 4
. ¥ +16p
h.35+16p
b.#5-+16p
g.75 +16p
10.15 +164
L35 +16p

15.15 +16p
115 +16p
325 +16 4
5,25 +16p
7.25 +16p
9.25 +T6p
1725 +16p

125 Alop

[13.25 +16p

0.25+T6p

10.25 +7 6;4 ,
12.25 +16p

{125 +16p

0.25 +16p
’1.15'+76f1
HA5+ Top
b.15 +16p
B.235 +76p

10.35 +16p
12.%5 +16p
1435 +T6p
0.35 +16p
2,35 +16p
4,35 +16p
6.35 +16p
B35 +16p

11.25 +1bp
1325 +164
1525 +6p
125 +16p
3.25 +76p
5.5 +’!6H
1154716y

QW +lbp |
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135 +767)
3.35 +16)
K35 +767
3.35+167
9.15 +167)
1135 +167
B +16Y
1535 +76)

135 +16
3.35 —Héy
5.35 +76}4
+.45 +76F
9.7 +16p
1775 + 1o p
1335 +16p

7.35 +16p
9.1% 4-'16(4
7745-&46;«(
1335 +lop
15‘;;15‘-#76;4

1.5 'Hb{x
315 416y

15.35 4 16’47”

335 +l6p
£.35 +16p
1.35 476
.35 +16p
.35+ Tep
1325 +16p
7575 +16p

535 +16;4,,

135 +16p

15.?54—76’4
135 +16 p
3.5 +16
5.35 +16p
135 +76/u
935 +1bp
17,—?,5,-#76[4 .

1?.?5,+76F

38

113§ ”6}‘
13.7% +’?6f,«
15395 +1bp
135 +’lé’,«
3.75 +76r4
5.15 +16p
%35 +1op
235 4 T6p

.ﬁzaceionaﬂ pazts

pects,

( v

with
the fofjo wc'ng foz

the onfy way equation (6) o have
__.chtt'gfe. the “two

com-

?especé to

.gtevﬂtj we  shadl say “ Loe éec'ng the
g'ZaCHono(ﬂJ?j
Zf‘(cht'_l‘anot,e

two

pazts  of
Lompa tidfe

J

compatililiey

AR 6{7)§}9)73,)

ot

dr,2, €£2 6,10, 14 -

017

! vy
the eguacion
to  the Xoffo wt’hg SE€S5 ¢

by

the equaf town
Ll

oz 50"(

e eween

_If)a'v{'n

the

tw o

Pa?tj

of

)) .’,HS to geﬂo*‘)j ﬂq cnd 24
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g, 2 €L 972 16 (15d)

Friom (15) we see that there aze Jfoz
X1,4q,21  the joﬂﬁow[ng eeg})f possifi-

J?L'éies (fafu’n tnto dccount Lhat X 4

_wwotj be €Ven ov odd)'i

KT UK ) (j']:l'}ﬂ?.*g ) 21:)4'2?_"'3 ) (16 a.)

D V=V 3} g ﬂq ’—4%1*2 y 24'—'-’-}?')_"‘2 3 (16 B), .
B s %:L.L'jg_~’] ;¥ =h~7 (16 ¢)
Xy = 1Xe , ‘jq:lf»jq_ S 2,2 432, ) (%c{)
Kz gazhyes3 ) mebe3 o (lke)
X9 = R~ , tj.;:if—jq_xl \ o= 32,20 , (7(95-)

Xy= Vhe =1 Y=y =1 2,= k-1 (763)
‘X“:ng__’] , ﬂ": Li,j,)_ o ?1:421 3 (16]—,)

‘V\/L‘Hf) 'X'L)jg_)%g_:7/ 2) ‘e -

. Fzom Eqs.("lé_) we  have j)oz
(%‘i) of EC/e (6) the fojfowmﬁ PoSS‘L'é’t’~
Jieies [S’(’e adse E?S (.S)J: ?

B'=(4m3 V= (4ye-3-3P= (hyo - 2) (17 a)
B (ys- 1V = (dye-2-1 )= (by, -2 (171)
B=ly-1)'= (4ye-1-10= Oty - 27 (17 )
B=(41-1)= Lige =2) = (4 -3, (17.4)

T‘MSJ j'o“c B"j of Ea{-“l)[fee afso E‘]'U%ﬂ

ithere oze fthe 5oﬂﬂow(ng Possbéjc'ﬂpt{es‘:



3 1 1.3 3.3 3 - , ERE
B ?::ig'(ij?“g Y= ('Zﬂz-,;) Z(Qﬂl)*3(2%.)1‘%+3(232)'{§)E‘{§) =

=090)-214 (185 )~ (522) ,  (182)

B3l 2) = a-2)'= o) 309005 430902 (2f =
=) 154+ 95 e ~(15) | (185)
Bl 1) =09 2= 90300 3D - (D=
=) -94 4G -(3) (1)

B’?:% (413 )= (29,- %)3-'- (’iszjg'g(iji)?i' #30)(F) - 7)= .

=04V 39rHE g - () - (194)

_AéfEV]fl’CJV],, ’r) Eq5(13) €j (qg) wWe mmean
a+€ . Fzom Lgs. (18) ~ we can eaﬁ'ﬂj compute

¥

the Fracéionad paT s fo1 B> This COMmpu~
totion L’hﬁ' Cl'hotjj C't‘ccljjj jl’JOWh Lﬂ") quﬂe g

Fiem cach of qu.(’.’é’) we sepoctate fhe
Pot?{- Containin Feactiona X qwahtft'[es

_[8,9-1 F20m Ecj- (192) we sepatate fhe paze

i 6 . 2 ) .
(135)9. - (52 (19)

and 50 op doz the odhex 575«(75’) J. These
sepatated Jraccional pazes  ate shown n
.Ta@ﬂ@ g For  va-zious ﬂl' In the <zows 03?
the table cmfj the dzactlonal petets
.oj the qvlomt'ﬁfies aze 5Hown 5 zeduced
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Jatle 8. C’“OMP““'“Q the j?dctt'oan pazts o} B
Foz the cases o} Eqs..(’{ga)-('/b’ol)-

'j’L T 7 3 & 5§ & * 8§ 9 10 1 13 1 5 1% 1
-e-') 1t kg 3 32 56 db 40 O 2h g 8 N 5 16 uo O 1k
(187 Y e Gk G B¥ Gk &4 Gk GF &8 Cv Gw &F oF Gk % &% 6k
(5‘ %%) . e . evezywkete 23‘/611L "

115391335334111549933531141',1}

— — —

3 3 i1 i _ 1+
B' 64 OH G 6% G 6% L 6F 6% BY Cz 6 6k 6% G Gk b

A 5 o) o ) S

PR | o

(13_’_) T evezjwlﬁeze 61/ - - -

T2 ost oMo o35 o5y o1 W 3 85 o1 % 59 19 M3 1

BT |6k o &% &% bw b4 6h. GH 6% iy on L4 b3 6% b bp by |

b » ' b)) » 33

(3% )9 |

(2 .« . everywhere 27/64 . . -

A\ R

e —

AN S A O
B G4 G 6y b4 bW Lh G b bk bR b oM ‘ :

[é)tj o » Ty 3
1677%
('614) .. eVe‘tjwhe’:e 7/64 ..

30 | W 3 3 55 15 39 63 3 43 3 31 55 15 39 63 13
B bR 6t 6% bt ba O (i b4 b 6% 64 b+ by 6w bk &4 ou §

to comwon denominatot 6%, The Jractionad
pazes of (9'%)%)(31‘%‘)%) (%)jo. dte  Same with
those of (187)yn. The zesufes (n which we
are c(nietested aze {he foutr zows (indica-
%ed gj “}”on {"101 ?Lgi';r ) with  the j?ﬂCfIb'
nal Pats of B Jot the vazious Ya - Fach
one of these Foux Tows  iwith B'f corres-
.Ponds to owne oj the jOU't Ecrs-(%?). Look-
L'nj Ca‘(efuﬂﬂj at fthe j?acé('onj oj the
Tows B'g) we see that onfj the Jzactions
,é)o'i i =7,2,--- 8 ate of c.hfeiﬁ’.ff) S(nce

J
Foz Yo > 8 the same JFracélons aze
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ZQPeatec[ (n the same o“(c/ez.Cohceanxf(nj}
Uws) entized on {he j'ZaCH-OV)S foz 32:7)2)_4.)8
the totad numbex of wki’cﬁa)ch the Fout
Tows of Brg) (s 32 (l.e. L}—ngj'l)j we
see that {he 32 numeratoers dre the
32 odd  (ntegexs Between 1 and 64 (-¢-
t”je, [nt@jﬂts 7)3}5)-—-) 63 ({He COMmmon

denominator (s 64 ). The succession of

these 32 odd (nteqers  (n the nume tators

s wot dccidental. ln the ﬁc‘z;{ Tow of 8'3
~we have as. numetatots the numfbexs o
A48k with K=0,0,2,,F +(n the second such

ow  the wmumetrators aze 345K with K=
0,42, F 5 in the third tow 548k and (n

the Jourth zow  F45x with KzZ012, ... 7,
Foz jz:ff the fout wnumetatots dte 1,2%,

67}23 ;addl'hg 5 to each ohe an them we
have 7-#5’:9)1?-#5’:35) 6148=5 [ we wmeay
addition on a cizcbe wi'th 1,2,..- 64

and wheze 64 (s consideted as O)yo
6148269 and 69 5 consideced as 5 (i

69“6‘*:5‘) ]) 23'*‘3:37 an d the 50—?85Mﬂ{:'n9

.9}35)5) 31 ace aﬁ,? jo‘( jq_:—l'f')' dfjc[r.ng otga{n

and ajair) 5 we see ) J‘L'mt.ﬂq’cﬂj ; that” the
’zesuﬂfm NuUMeTa tels (nn the (j)c)u? Towy
olte otgwqjs (n the same jz. A Compﬁef'e

undetstandin of the otdezin oag_ the nu-
meTators {h “)e gpoui Tows WOM,QA @e
.eSSQ\nﬂ'aﬂ jaoz ou Ju*rpoje (foz P?avmg

F.L.Th. ) But this task widd o ot pet-
Jotmed  heze.

The P’toce&u?e oF Eqs.(ﬂ)-(‘??ﬂ)
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and Table § Fox the ractional pazts of
the Some atso Joz  the

3 .
B, ercu?j

ﬁzacfcbna}? Pates of C'3 puftm 24 and
' 9y and J2, see Ez(s.(?))(g))
(13)  dand  afso Eqs.("lé).\/\/e_ emp})agcze)espe-—
cclqﬂﬂj 5 that (v Table

2, (nstead

ﬁﬂ Puf Cfi Z9

humezicalt
Same,

= X2 (S o [nfegez

of

we Can eﬂuaf\

instead of B ya ; the

entties will &o quctffj the

Let us etouwe fthe cose with

H)Q OY)J?, w o

.compa ¢ c'gﬂ
(s the te

S me §zacﬂo nof

deccount lalle
73

C'7 oz, )

Olﬂjo aeot

)
e 7 th
Tms

eP)Su’Ceo( on,@j

have the same

Lj,l: 3
C

o =

2
b

R

-

ty !

O e

1 2
a b

5y 6 + 9 9
efgha.

15699
deﬁgha

to Be
e two

.Xq;__}i?_ [see Eqs.(16)]. Then A=(x1/2)’=
[see Eq.(132)]. Then,

“f?d(é[ohafﬂy
AT Es oj Ec’(’f’l)

813 otho( Crg to have the

w})eh

10

10

azt.,
§ (which (s the same
) the COVv]POifzgtl‘ﬂ('t’-j I[S
_ Ya, 22 (see Fiqure 7“)
(hJ(COtH'on a)b)C)“’. I he

5.0) ﬂak).ng L'v)fo

i1 12 13 1% 15 16 7% -

Ecdejzgha~-

VR I T T L SR TR & B

Ecdegghﬁ""

F[guze 7,Compcf(éc"gc}€[fj (s ehS‘HTeo( wheh 31)27_

tndication

have Some

Jtluctyze

the Foux

L‘n F{_ﬁ . 1 L.S

cases

(Zows)

a,Jb)C)"-o

Vel ﬁca( goz each one 0&
o3 B3 (o ¢'7)
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o Table § ) which cozrespond £ 8ases 3
EAJSHSJ'&)*(%QO() Wl')l-(_i') CO?ZQJ’FOhA [H)?Ob‘jh
Ec}ﬁ.(7¥&)-(7?d)3 to the cases of Ecgjv("?é&)
—(16d). For adld these Jour cases (he-
_v[ng a.@wajs X1=22%2 )  the co»mpqe¢'5c'f2c'fj—
_ehgu?ing Y2 )2, indicated n Fig.- 1 “with
a)b)c)-w .Caly e Pzejehéea() aﬂéeznqéive/jj
under the Jorm od the joﬂﬂowc’ng equa tiong

{in which we <etain the Cnddcoltlons a)b}
C o ern -

J
R Ya=8Ys;=F, 2, =8%-7F,  (203a)
b Yo =8y3 -6,  T1=8% -6, - (Qob)
. C: Yy =8y =5,  2=Py-5 , (20e)
d : Yo =8y; -4 =88~ - (20d)
e - $=8Yy3-3,  2z=fu-3, (20e)
5" jz=333‘2) 2‘1:8?3‘"1) (7—05’)
(g"' 'jq_'-’-'—%j;*? ) =82 -1 ) , (203?
h s "jq_:gjg ) 21’-323 ) (20 h)

with 312, and 25=7,2,-- L As we cam
easidy “see | For some Y; we must take
as 24 one o the poscecve c'm&egezs

‘“‘)‘ﬂ1"31‘32)%1'31)%;71'+37-)ﬁ'?+??-+3’?-) il

[‘Ne see vt Comtgcﬁ'm'hj Ebjs-('/é) can Eqs-(ZOJJ.

, . .Leé 015) how , tolke U’)e. _Ccase with
%= 0% =1 L[see Eq5.(16)7. Then A’=(xi/2)’=
=(x2-7) with xp =172, Lsee Eq.0932)]. Thus,
Afiom Table F we see (Pum'nj Xq c'n;fec;{c} of
Lj) U)oté the 5?«1(&[00.@“0 Pu?és oi A”’ ace
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1 3 5 K
¥’ 7’ 3 3 (21a)
ot, with denominater 64

24 G b '
S B o 1)

vgot )41:"1‘)(3-3) ,Xg_:Lf)(;-'Z, J Xy =hxz=1, Xa= U3
8))

- oF Eq.__(ﬂz) ‘Cf?ach'onaﬂjj compatible =~

meadns 5(‘mpﬂj that

L lEp(A)+5p(8)]=2p L), ()

,w,])me c‘f‘ P-)) S'{CIYIJS, }ot uftaCft‘oncue._ _Pcz?é)_.)

Taking (nto account Table 8 (which, we
,'CQM(".(‘)J) (s the ¢ame also Foz C’i 29_)) we
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Ev})ic;lo cco'zzes()onc( to fthe fou‘c cases oﬁ
AEcig.(U?) and o the Jouzr cases o} chs‘.
(166)—(76P))JA5 P"&ch‘oujﬂuj (}ol )(1,32)(9_)
.5r20m /:LgT we  toog qu.('ld)) St'm{)@azv



R SN

T T N

392

Yor 113 4 5 6 F § 3 o iz 13 1 15 16 13
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213123

b5 6 F 9 9 oo 12 13 1% 15 16 13-+
%ghaBCiegghabcdej...-
'_Elfg}i‘(i:%“_t" FOZ 5[)- (VAJ): 8/6"?’ Compaft'gt'ﬂ[tj (j en-—

sured when Yo, have same (ndication Q,b,C,m

R I
aﬁcdeﬁghabcde&gha.

2o L3 % 5 6 F 8 9 f0 1 1 13 A5 16 1F -
h_a_}:cotej’fgh'abca(e}gh.“

Eigq‘ze; ZL.L'. Foz anP.-(Als):zu/é‘;{- coquHgt'[(tj (s €hsSu—

R PR RS P

?8(2{ when ja_)?;_ have Same indication 'a,)b}c)”n

Y31 L3 %5 6 B g 9 101 0 13 T4 15 6 TR
abcdefghalbcde §g hoa-
2+ 1 L 3 % 5 6 F § o9 fo 41 1L 13 M 15 b 17 ..
BCdQﬁjka.bc;deﬁa%i\.b“f

Eg%wce Qi For &P‘(A'g)"—‘q'o/é"f cOmpah'g(ﬂ(ej (s

e

p_y)ju"(e({ W_")en Unui?_ anve jame c'nc‘[c_qh‘oh a)BI’Cj....n

.Qj now (3or x1=2%0-1) (he compat(@(ﬂhtj-—
ensuzmg Yo, 2y (ndicated n F_c‘gs. (2i) —
(Liv)  with a,byc- can £fe P‘zej‘ented)

o 1110 13 W 15 16 13 -+
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%:1 L3 &4 5 6 F F 9 1o 111213 4 15 16 13 ---
abec de § g h 2 b ¢ d e % 9 h oz -
201 L3 % 5 6 F & 9 o i1 1L 13 o A8 16 13 - -
d e § 9 h abecde ¥ 9 h a b ¢ d---

F(gu'ee Liv. For }.,F-(Ad):gé/é"f compat(ﬂﬁ.c'tj (s ensu-
jljal have same (ndicatieon 2, LJC}',"?,.,,,
under the form oF the eq_u.o_t_tu_b\o;_
9. Iy this table we =zetain the
a)b)c)-._..- ; aﬂjo) Foz c«:mpﬂefeness
Eq;-(QO) For XqT 2%y .

_aﬁéeinau'veﬂj}
in Ta@ﬁe
(nd(ca €ons
we ncfude dsain
W}n every Tow we 3L’ve the Yo, 2 that en-
sute COMPth(g{ﬂt‘é ) go“c VaTious §°P (Alg)) as iheg
are takewn f'?th F[jg.(?))(g-i)“(g.i\/). ff s tﬁ;,'z;:?,i}.w-’

X1= 1 Xy

X4 =L Xy — 1

g_P.(R' j=0

Xo= L"X; -3
§p(at)=1g

Xn = i'f")‘; -2
3.p.(ﬁ'3): 3/g

Ko = "i'Xg"'?
3.p.(0°)=57g

¥g =l X3
bp(r)=7g

Q8 o 0N o P

32:8%—‘}
Y1=8y3-6
Y2284 -5
Yo=8y; - 4
Y 28433
Yo2=8y3-2
Yo 2845 -1
Yo =8Y;

2 =fey -7
228236
27825
=8 -4
2,=8%-3
2=83-2
2.=83;-1
2,203

2y =f 23—k
2,=823-3
29=f23-2
2328231
2281
2123%3—?
2,=82%~6
22823~

2,284 -~
282 -5
28~k
22853
?1:8?3 A
21."3%3 -1
12=f2
11.’-81;"}

7,282,

?'z_’—gig -3
2,=8%3~6
21_:87-3"5
228y -
?1:8?.3“3
21_=8'23 ~2
2.= ?’fg -1

7,823 -2
27_?—8?3 -1
217-872; :
1,=8% -7
2,253 -6
2=f; -5
11'—'833-4
1, =813-3

Repﬂcxclng ‘jo_)iq_ ﬁ?om Tq@ﬂe (ﬁ L‘V}fo EﬂfS
(16) we o@fain Ta@ﬁe 10 (v wk;ch we 5me

the compatblity=-ensuin 1,21 ot the vatious
P 9 3 9
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Uhigye
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wheh Putt(nj %3:4,2)“-
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X1=2 X, Xp=2%Xy -1
, _ Xq =i4#X3~3
8.p.(A%)= 0 f.pn)= 1/8

, 31:4(3%-—"”"3 . 11:4(833—?‘?“3 ?1;#(313-4)"3
Y= §y3-6)-3 2= 4(8y-6)-3 [2=4(825-3)-3
312”(333’5)'3 21""‘?’(823"5)‘3, ?1:“(‘823-1)“3

|yt l8ys-4)- 1= #Byy-4) -3 2249332113

_31:4(.333-3)‘3 , 2, =t(82-3)-3 | u=k(8y I-3
gr = 41843-2)-3 2=h{82,-2)-3 | 24=4(§2,-7)-3
L11’:‘+(8‘j3‘7)‘7> 21'—'—4(82;-7)*-‘3 ?17—‘*(57?-3‘6)‘3
Tﬂqzlf(gj;)ﬂ 2= (82 ) -3 3= (§25-5) -3

_ ‘j‘:l“(gﬂg-?)’?— %1:4[823—;‘),“1 21:“’((323“’4)“2
31:4(8’3;—6)~1 t=h(8ey-6)-0 | 2=24(Fy-3 -0
‘-:)1:1-}(8%4)') -2 21=4(823-"5)")- ?1:“(833"1‘_1
Slfyp-u) -2 La=b(8ey - )0 | 2=n(82y-1 )0
W:H(ggg_g\ﬁz uehl82,-3)-0 [ 2=iklfy -2
=#{8y5-2) -1 | =H(8ey-1)-2 | 2= kl8ey-7 -0

‘j1:’+{8¢_j3~7‘*1 21:4(823 -1)-2 :u:‘r(&*;,*é )-2
_\j1:f+(833 ) ~ L 1=k 82, -2 2z kB -5 -2
cases. ATa.gje can (?e P‘ZGSHVMBC{ in a wmote
compact Fotm , see Table 17. From Taéde
M we note that €V€Zj Poj{é(.vg (mteaet
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Table 10.

X1= 0LX,—1
Xo zhixg -2 Ko = HxX3 -1 *o =i X3
3.p. (A% )= 3/8 3.p (A A= 5/g &p (A%)= #/8
Z1 :Lf'(g'ig“‘b)~3 —“T(Slg ) 3 %1-:‘-4-(82;.—1) -3 ,
uzh(f3-5)-3  [2,=4(82,-7)-3  |a=4(8y -1) 3
2z b (§y -4) -3 27_!+(6’?3—6) 3 =48y )3
2=h (832303 |42 h(82,-5)-3  la.z4(82,-3)-3
2= k(93;-00-3 | a=h(fy 1) Jg,s k{8 -6)-3
2,2 4 (§2,-1) -3 21J+(923 3V-3 2,2 b (§ay - ~5)-3
=48y )3 2(893-1)=3 |z k(§ry-4)-3
31:#(8’13-4)—3 2q-‘+(823-1) ~3 ?,-’-H8723v3')‘,3
22k (8 -6)-0 |2, =k(8y )2 =4(83,-2)-2
2,:4(323—5')~1 %1:‘4(‘3?3—?)-1 2= #(82,-1) -2
224 (Fag-4) 1 2= (9 ~6)-0  |2=4(8y -1
2 =4 (§23-3)-1 2,:4(?23»-57-‘2 =4 (80, -7) -1
2z {8-1)-1 o =h(Fy -] | neil8y-6)-1
i (89107 2= 083y =3)-0 |20 (8 -5 )0
[ 4(8?; ')"l 1 —#(823 ) ~9 ?1-&(323"{1‘)*1
1= (8, -7) -1 24 (82-1)-2 |z blgy-3)0
B8 =37,
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tations oF quanticies, ds we did e.
(n Jable Z we Wlsl) o Find tathez
“’)Q fml?e" gj WlﬁlLl’} 1{17656 mé’ﬁeg (EQPLuo(ﬂ—
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Xq1= 9 Xy X1=2 Xy =1
X2 =#%X3~3
5.0(a%) = 0 S.p.(2%) =1/8
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1
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X :4(823 -7)
1 *’-L"(g?; = )

11'—""‘(323 )

‘21'3‘.'}(323—’*)“7 )

?1:4{32;’3)"’1
w2h(§2;-2)-1
(P 4(323*’))»1

4(8y -1

2:* 323 "6) ~1

21—-"" gig "5_)-1 ,

2, = 4 (B2,~ 1)

-L}(g?g"g)
2, =4 (82;-2)
= (§2y 1)
2=4(fy )

:’%{82; -37)
2= 4 (6 -6)
2 =4 {82y -5 )

< 1t ( o
=4 (82 - 7)-1
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